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Abstract: Since the Harris-Todaro model was proposed in 1970, it has played a crucial role in analyzing various
environmental and trade issues in developing countries. This paper analyzes the effects of the amount of public
intermediate goods provided by the government, the increase in the fixed wage rate in the urban sector, and the changes
in the relative international prices of agricultural and manufacturing goods on labor employment, unemployment, and the
economic welfare in the context of a small open economy. It also proposes relevant policies to reduce the unemployment

rate while improving national welfare.

Keywords: International trade; Public intermediate good; Economic welfare; Harris-Todaro model

Online publication: August 26, 2024

1. Introduction

The Harris-Todaro model was proposed by John R. Harris and Michael P. Todaro in 1970 to analyze urban-rural
migration and employment in developing countries '". The model revealed the underlying causes of the urban-
rural income gap and urban unemployment in developing countries and continues to provide an important
perspective for economic development and related policymaking in developing countries.

This paper, based on the original Harris-Todaro model, examines the impact of changes in the relative
prices of public intermediate goods, fixed wages, and secondary output on the rural and urban sectors,

unemployment, and economic welfare, without taking into account changes in factor endowments.

2. The model

Assume a small open country, consisting of two sectors. The urban sector employs labor L, and capital K to
produce the manufacturing goods. Rural sector employs labor L, and land T to produce agricultural goods .
Furthermore, we assume that the production procedures of two goods also depend on the supply of the public

intermediate goods R by the government ', The public intermediate goods in this paper are a pure public goods
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and serve the production of two goods.
The production functions of the two goods are, respectively:

A=gi(R)G(L,,T). where —>U < 0.and g,(R)>0 (1)

M = gy (R)F(Ly, K), where —>0 < 0.and gy(R)>0 2)

The production equilibrium conditions for agrlcultural goods are

P gaR) 2= Wy 3)
ENGEESS (4)

The production equilibrium conditions for the manufactured goods are
p"gu(R )_ =w ©)
(6)

dF
PMHM(R)ﬁz 'y

In international trade, the relative price of domestic agricultural goods p”/p" = p and manufacturing goods
in the country. And p" is chosen as a numeraire, p" = 1.
Rewrite Equation (5) and Equation (6),

gu(R) 5 =W (5a)

gu(R) =Ty (6a)

The public intermediate good is assumed to be initially given. And the production function of the public
intermediate good is given as follows:

R=1Lg (7

Labors will move freely between two sectors in pursuit of higher expected wages, and in equilibrium, labor
allocation is determined such that expected wage rates across sectors are equal. Here we assume that wages
are higher in the urban sector than in the rural sector. And in the urban sector, we further assume that there is a
minimum wage W is fixed by legislation. The arbitrage condition of labor movement from rural to urban is:

Ly+lg : Ly+R __ (8)

wWw=Ww, le. w=w
F & EEN A

It is assumed that the country has a labor population of size L and this is shared among the rural, urban,
public input and the unemployed as L, L, Lg, L,. These distribute the total labor population such that

Ly+Ly+Ly+Ly=Lie. L,+Ly+R+Ly=L )
From Equation (1) and Equation (8), we have

Ly+R

A 96 = (10)
p°94(R L L 0

Differentiating Equation (5a), Equation (9) and Equation (10),
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a2 aF >
gM(R)ﬁdLM = dw —ﬁgMdR (5a%)

dL, +dL, +dL, = dL - dR ©)
[P 94(R) 57 — s W] Ly = o ALy == g3 AR + 252w — g4(R) 5 (10°)

According to the above three equations, L,, L,, and L, are endogenous Varlables, while R, p”, W are exogenous
variables determined externally. We will perform a comparative static analysis in the next section.

3. Comparative static analysis

Organizing the above three Equation (5a’), Equation (9°), and Equation (10’), we have

a2r 1 _9F 0
guR) g 0 OlrdL, oLy Im (11)
1 1 1ldLly] = . (_)I_R dw + -1 dR + 0 o dp?
w v dG — i

2
. o 6 (IytR)
where 4 = p gA(R) i‘?Lf] (L—La)?

w<0.

62F
So the determinant coefficient of Equation (11) is |J| =— gy(R) — 3 A <0.
M

Next, we look at the effect of changes in the exogenous variable R in Equation (11) on the amount of
employment in the urban sector L, the amount of employment in the rural sector L, and the number of unemployed
in the urban sector L, in Equation (11). We have:

dLy A OF . o
dR oLy ™
dL, 1 (R}aZFﬁ.anraF N 1 _>0
dr TP G P oag t o amp T 1= 2
vodG aF W dl,
if gM(R)gp el e
[ Ity aF . w dLy

SHSES gM(R)asz 9aa, <axIMis, - aw <0
dly 1 R 0%*F A—phg 96 _OF . .

w aF v 86 | dly ‘
when E> A and agM(A +L I ) > g‘.,,f(F.’}aL2 (A-p4 g"‘-f : E< 0;

L g > 0.

Similarly, we look at the effect of changes in the exogenous variable W on L,,, L, and L,,.
dLy A

ﬁ__UT(U

T = Pl T 10
i Jon@® 5] < 2 >0,

or else |9M(R):—i%%|> LA 0.

-1y dw
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dL, 1 dZF Ly+R

w
0°F Ly+R w Ly aFLM-‘rH w dLy
if |gM(R)dL 2| > T > 0 or ‘gM(R)aL A <2 T <.

And finally, we look at the effect of changes in the exogenous variable p” on L,, L, and Ly,

dLy _

dap*

dLy 1 0°*F 0G
dpA Ul gM( ) 2 gA(R) >0
dly -1 62F

The results of the above calculations can be summarized as Proposition 1.

Proposition 1:

(1) The effects of changes in public intermediate goods on the labor employment in two sectors and the
unemployment rate as follows:

—_— >
dr 0;

dL,. a6 aF W

dLa 92F 4+ 9G F W
= o= —gy—— :
or Zp >0 ® gu(R)5~ aZ P 9az, Ly Ay IM I,

dLy
dR

<0<

)> Q’M(R)a“ (A-p .gAaT}Ol

dLy

>0.
dR

(2) The effects of changes in the fixed-wage on the labor employment in two sectors and the unemployment
rate as follows:

‘ij<0

%"<0 . gM(R)ij’;”:R L-WL; ‘;ij<0, or
%>O@ gu(R )ngf;M:R <L—WLA

%< 0o gM(R)jTgLL“:j+A| < L_WLA or
spo gM(R)%?:f-I-A| >-L
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(3) The effects of changes in the relative price of two sectors on the labor employment in two sectors and
the unemployment rate as follows:

4. Economic welfare

The utility of this country is given that U = U(D,, D,,), where D, is the worker’s total A goods consumption,
and D, is the worker’s total M goods consumption; i.e. demand volumes. And U = U(D,, D, is linearly, and
homogenous. The level of economic welfare in the country is represented by this utility function. Consider the
aggregate utility function of this country, each of which is the social welfare function of this country.

The production of public intermediate goods shall be provided by the government. Therefore, the
government shall finance the cost of production of public intermediate goods by taxing labor income. If the ad
valorem tax on labor wages is t, the tax revenue is t(w,L, + WL,,) and if it is taken to cover WR which is the cost
of production of public intermediate goods, then we have t(w,L, + WL,,) = WR.

The national income of the country is expressed as w,L, + WL, + r,j”r rMEZ I.

And this income is equal to the gross national product of the entire country. The country’s gross national
product is p’A+M. So we have the gross national product = the gross national expenditure. That is, p*A+M =
p'D,+ D,,.

IfA= gA(R)G(LAj') and M = gM(R)F(LM,R) are homogeneous, then by Euler’s theorem, the production
functions of the two sectors have

A= R 96 L,+g.(R aGT

_rgfl( )aLA A gA( )aT
M = R a8 Ly+ R aF?

= gum( )m mtgum( )ﬁ
therefore

" P G % 0G _
A-0p"A=1-p ga(R)z7—La+(1 = )p°ga(R) =T
aL, oT

plA=wyl,+1,T

Similarly,

M=wL, +r,K

That is, p"A+M = 1= p"D, + D,, is to be the principle of three-sided equivalence.
So we’re going to address the problem as follows:

Max u=U(D,+ Dy

sub to p*A+M =1=p"D,+ D,(12)
Define a Lagrange function as

L=U(D+ DM)_A(pADA_’_DM_I)
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FOCs:

aL 6U_ A _

o _ o _

o oow 40 (14)
&= piDy+Dy—1=0 (15)

from Equation (13) and Equation (14)

aL [ aL

P m=p i.e MRS =p? (16)
Using Equation (16) and I = p"D, + D,,,

D,=Ci(p", 1) (17)
Dy=Ci( P, 1) (18)

Let v be the utility that the consumer is getting, which is obtained by substituting the quantity demanded at
that time into the utility function,

v=U(CAp", D)) iev=V(p" 1) (19)

where V is the indirect utility function.

When consumers minimize expenditure subject to a constant level of utility U, the ratio of marginal
utilities equals the ratio of relative prices. In this case, expenditure is minimized, and the compensated demand
functions for the two goods are as follows:

D,=C"4( pAa U); Dy=C"y( pA: U) (20)

The minimum cost required to achieve utility level is

p'(C L U)+Cy(p", U)=E(p", U) e2y)

E represents the consumer’s expenditure function, where E ( p*, U) = p’D, + D,, = p"A+M. Next, we will
examine how the supply of public intermediate goods and the minimum wage affect the economic welfare of a

nation.
Using Equation (21),
E(p"U)=p"G(LyT)+F(LyK) (22)
OF dU G dL, aF dlLy
=p? + (23)
dU dR oL, dR ~ dLy dR

.G i aG a%*6G
= T2 9u(R) T G me+ G () G e+ I (=P s (RY 55> 0

. o . du
Therefore, since Py > 0 we obtain T > 0.

Similarly,

OFdU _ , 0G dLy _OF dLy
aUdaw U 3L, dw ' oL, dw

496G 3*F Ly+R . OF
MR o +aL p gA(R)sz]<0

(24)

=W[P

. 9E . d
Therefore, since — > 0 we obtain —L_’ <0.
ou aw
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Finally, we will examine the impact of changes in the international relative price p' = p',/p',, (py = 1) of the
two goods on economic welfare. Since we are considering a small open economy, here p* is p'.
From (22), we have

GEAU _ 1y 06 dly | OF diyg o Oy 1o e OF 060G o OF > (25)
ey P o oy, @ o apf) =P gu(R) 512, 94 ﬂLAaLA+(G ap1)<0

a . . . o .
where a—:, = D, and D, is the domestic demand for agricultural products in this country. If this country exports

. aE . ... 1 a*F G G JE dU
agricultural products, then G — Fe > 0. According to Proposition 1 (3), mp" Iu(R) Az ga FeT >0, W > 0.

If this country imports agricultural products, then G — :_]i < 0. But when the value of

ﬁpIgM(R) %g,, ;TGA;T(; | is greater than | G — s—; |, then g—ig—; > (. When the value of
\ﬁp’gM(R) %QA ;Ti% is less than the absolute value of |G — 3—5|, then %j—; <0.
Let’s summarize the above results in Proposition 2.
Proposition 2:
(1) When the government supplies a greater quantity of public intermediate goods, the economic welfare of
the country increases.
(2) An increase in the fixed wage level in the urban sector decreases the economic welfare of this country.
(3) The impact of changes in the international relative prices of the products of two sectors on the economic
welfare of the country is as follows:
If the country’s exports of agricultural products are non-negative, the economic welfare of the country
increases.

If this country’s exports of agricultural products are negative, the economic welfare of the country depends
: 1 PPF 06 96 Ok
on the magnitude of the absolute values of m p' gu(R) o ga oL aLAandG i

aG aG

1 a°F aE . )
If lUI p'gu(R) oLz, ga oL, 7L, | > |G o] |, the economic welfare of the country increases; or

G 9G

lpfg (R) a_-Fg ———| < |G- 6—E| the economic welfare of the country decreases
MY a1z, 94 ar, 0L, ap! > y .

1

5. Conclusion

The results obtained from the calculations in this paper are mainly summarized into Proposition 1 and
Proposition 2. Proposition 1 discusses the impact of public intermediate goods, fixed wage, and the relative
price of two sectors on the level of labor employment. If more public intermediate goods are provided in the
urban sector, it may lead to an increase in labor employment in the urban sector because the construction
of public intermediate goods could create more urban job opportunities. In the rural sector, the construction
of more public intermediate goods may increase labor employment but it could also potentially reduce job
opportunities. If the construction involves public infrastructure such as roads, and communication facilities,
which increases the demand for rural sector’s goods, then firms would likely hire more labor. However, if it

involves irrigation facilities, agricultural technology improvements, and mechanization, it may reduce the
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demand for labor as machines can replace manual labor. Consequently, the unemployment rate may either
decrease or increase due to the increase in public intermediate goods.

In Proposition 2, we focus on the impact of public intermediate goods, fixed wage, and the relative price
of products from two sectors on economic welfare. If the government sector provides more public intermediate
goods, it will increase the economic welfare of the country. Similarly, an increase in the relative international
prices of products from the two sectors will also increase the economic welfare of this country. However, an
increase in fixed wages in the urban sector will decrease the economic welfare of the country.

To reduce unemployment rates while simultaneously increasing the economic welfare of the country, we
have considered the following win-win policies:

(1) Increasing the supply of public intermediate goods in the rural sector: For example, through measures
such as improving and disseminating agricultural technologies, productivity, and living standards in the
rural sector can be enhanced, enabling the rural population to stay and thrive in rural areas. When living
standards can be maintained at a basic level comparable to urban areas, some individuals may be less
inclined to migrate, reducing the pressure for rural residents to seek jobs in urban areas.

(2) Encouraging entrepreneurship and business development in rural areas: The government can encourage
entrepreneurship and business development in rural areas through policies such as financial support, tax
incentives, and provide technical guidance. This can create more employment opportunities and attract
urban residents to return to or remain in rural areas for employment.

(3) Given the trend of the aging population in rural areas and the preference of younger people for urban
employment, efforts are made to encourage young people, including graduates, to work in rural areas.

(4) Furthermore, local government departments are appropriately placing young people so that they can bring in
new ideas and perspectives. Young people can lead other young people and revitalize the local economy.

This paper builds upon the original Harris-Todaro model without considering changes in factor endowments.
Instead, it primarily examines the effects of changes in public intermediate goods, fixed wages, and relative prices
of products from two sectors on the urban sector, rural sector, unemployment rates, and economic welfare. This
paper analyzes under the conditions of a small open economy, whereas the original Harris-Todaro model discusses
a closed economy. Therefore, to directly compare the analysis results with the original Harris-Todaro model,
it is necessary to conduct the above analysis under the conditions of a closed economy. Additionally, to reduce
unemployment rates, policies such as subsidies or insurance can be implemented to ensure the livelihood of the

unemployed. These issues can be discussed as future topics of research.

Disclosure statement

The author declares no conflict of interest.

References

[1] Harris JR, Todaro M, 1970, Migration, Unemployment and Development: A Two-Sector Analysis, American
Economic Review, 60: 126-42.

[2] Beladi H, 1990, Sector Specific Wage Rigidity and Factor Accumulation, The Economic Record, 66(192): 32-36.

[3] Funatsu H, 1988, A Note on the Stability of the Harris—Todaro Model with Capital Mobility, Economica, 55
(1988):119-21.

[4] Yabuuchi S, 1998, Urban Unemployment, Factor Accumulation, and Welfare, Review of Development Economics.

[5]1 IssahI, Khan TY, 2005, Do Migrants React To Infrastructure Difference Between Urban And Rural Areas? Development

261 Volume 7; Issue 4



Of An Extended Harris-Todaro Model, Review of Urban and Regional Development Studies, 17(1): 68—88.

Publisher’s note

Bio-Byword Scientific Publishing remains neutral with regard to jurisdictional claims in published maps and institutional affiliations.

262 Volume 7; Issue 4




